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SUMMARY

We present our numerical results for certain unsteady flows past oscillating cylinders and aerofoils. The
computations are based on the stabilized space-time finite element formulation. The implicit equation
systems resulting from the space-time finite element discretizations are solved using iterative solution

techniques.

One of the problems studied is flow past a cylinder which is forced to oscillate in the horizontal direction.
In this case we observe a change from an unsymmetric mode of vortex shedding to a symmetric one. An
extensive study was carried out for the case in which a cylinder is mounted on lightly damped springs and
aliowed to oscillate in the vertical direction. In this case the motion of the cylinder needs to be determined as
part of the solution, and under certain conditions this motion changes the vortex-shedding pattern of the
flow field significantly. This non-linear fluid-structure interaction exhibits certain interesting behaviour such
as ‘lock-in’ and ‘hysteresis’, which are in good agreement with the laboratory experiments carried out by
other researchers in the past. Preliminary results for flow past a pitching aerofoil are also presented.

KEY WORDS Space~time Finite elements Incompressible  flows Galerkin/least-squares Deforming  spatial
domain Oscillating cylinder Pitching aerofoil Clustered clement-by-element GMRES Vortex shedding Vortex-
induced oscillations Lock-in Hysteresis

1. INTRODUCTION

Recently, Tezduyar et al.'? introduced the DSD/ST (deforming spatial domain/space-time)
procedure and applied it to several unsteady incompressible flow problems involving moving
boundaries and interfaces, such as free surface flows, liquid drops, two-liquid flows and flows with
drifting cylinders. In this paper we use the same method to study certain unsteady flow problems
involving oscillating cylinders and aerofoils. The DSD/ST method is based on the space-time
formulation with the GLS (Galerkin/least-squares) stabilization. More information on the
Space-time finite element formulation with the GLS stabilization for problems with fixed spatial
domains can be found in References 3-6. Because the space-time formulation involves finite
element discretization not only in space but also in time, the deformation of the spatial domain is
taken into account automatically. In the DSD/ST procedure the frequency of remeshing is
minimized. Here we define remeshing as the process of generating a new mesh and projecting the
solution from the old mesh to the new one. Since remeshing generally involves projection errors,
minimizing the frequency of remeshing results in minimizing the projection errors. Minimizing
the frequency of remeshing also results in an increase in the parallelization potential of the
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To reduce the computational cost associated with solving the implicit equation systems &
resulting from the space—time finite element discretizations, efficient iterative solution techniques 8
need to be employed. Here we use the generalized minimal residual (GMRES)’ iteralion £
algorithm in conjunction with the clustered element-by-element (CEBE)® preconditioners, 5

The first case studied is flow past a horizontally oscillating cylinder at Reynolds number 100, |
This leads to a symmetric mode of vortex shedding even though the computations start with ag 38
unsymmetric, temporally periodic solution obtained for flow past a fixed cylinder at Reynolds =
number 100. The second case studied involves flow past a cylinder that is mounted on flexible ' &
supports and is free to respond to fluid forces in the vertical direction. Consequently, the motion 58
of the cylinder itself needs to be determined as part of the solution. The Reynolds number for this {8
study varies between 290 and 360. This problem represents a case of vortex-induced oscillations
and the aim of this study is to have an in-depth understanding of this non-linear fluid-structure 8
interaction phenomenon when the vortex-shedding lrequency is close to the natural frequency of 5
the oscillator. Over a limited range the motion of the cylinder controls its vortex-shedding I8
frequency; this phenomenon is called ‘lock-in".*"'® This effect also manifests itsell in shaping the
structure of the wake downstream of the cylinder. Compared to the wake of a fixed cylinder, the &8
longitudinal spacing between the vortices in the wake of an oscillating cylinder increases or o)
decreases depending on whether the cylinder vibration [requency is smaller or larger than the
vortex-shedding [requency for a fixed eylinder,'? For certain Reynolds numbers, dependingon |
the initial oscillation amplitude, the oscillator reaches two different temporally periodic vibration
amplitudes. This phenomenon can also be interpreted as a ‘hysteresis’-type behaviour, since the
solution depends on whether the Reynolds number being considered is approached from the
lower or the higher side.'® We attempt to explain the cause of this double-amplitude behaviour
by carrying out a linear oscillator analysis and viewing the resulting cylinder response along with
certain experimental data reported by Blevins.® These experimental data for flow past a vertically
oscillating cylinder relate the cylinder oscillation amplitude needed for the shedding frequency to
‘lock in" to its vibration frequency. Recently, other researchers' ™ '* have also been involved in the
investigation of the fuid-structure interaction phenomenon using finite element techniques, The
last case we study is low past a NACA 0012 aerofoil forced to pitch about its hall-chord point at
Reynolds number 1000. These preliminary computations were performed using a new mesh-
moving scheme that we designed to handle the motion of any object without the need for
remeshing. The mesh-moving scheme used for the oscillating cylinders is a special case of this
more general scheme. The flow patterns obtained from these preliminary computations compare |
qualitatively well with similar experimental and numerical results reported by other re-
searchers.'® *” We plan to extend this study to investigate the phenomenon of dynamic stall
which might occur during a severe manoeuvre of a fighter aircraft.

2. THE GOVERNING EQUATIONS

Let €, e R™ be the spatial domain at time 1 &(0, T'), where n,4 is the number of space dimensions. ®
Let I', denote the boundary of €,. We consider the following velocity-pressure formulation of the
Navier-Stokes equations governing unsteady incompressible flows:

e e

i
p(%+u-?u)—-‘?-ar=ﬂ on £ ¥ite(l,T), (1)

V:ou=0 on 4¥1e(0, T,
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where p and u are the density and the velocity. respectively and ¢ is the stress tensor given as
o(p,u)=—pl +2pe(u), ©)]
with
e(w)=31[Vu+(Vu)T]. 3]

Here p and y are the pressure and the dynamic viscosity respectively and I is the identity tensor.
The part of the boundary at which the velocity is assumed to be specified is denoted by ("),

u=g on (I',), Vte(0, T). (5)

The ‘natural’ boundary conditions associated with (1) are the conditions on the stress compon-
ents, and these are the conditions assumed to be imposed at the remaining part of the boundary:

n-g=h on (I'),Vte(,T). (6)

The homogeneous version of (6), which corresponds to the ‘traction-free’ (i.e. zero normal and
shear stress) conditions, is often imposed at the outflow boundaries. As initial condition,
a divergence-free velocity field u,(x) is specified over the domain Q, at t=0:

u(x,0)=uy(x) on Q,. N

3. THE STABILIZED SPACE-TIME FINITE ELEMENT FORMULATION

In the space-time finite element formulation the time interval (0, T) is partitioned into sub-
intervals I,=(t,,?,+,), where t, and t,., belong to an ordered series of time levels
O0=to<t;< ... <ty=T. It was first shown by Tezduyar et al.!* 2 that the stabilized space-time
finite element formulation can be effectively applied to fluid dynamics computations involving
moving boundaries and interfaces. In this formulation the spatial domains at various time levels
are allowed to vary. We let Q,=Q, and I',=T,, and define the space-time slab Q, as the
space-time domain enclosed by the surfaces Q,, Q,., and P,. Here P,, the lateral surface of Q.. is
the surface described by the boundary T as ¢ traverses I,. Similarly to the way it was represented
by equations (5) and (6), P, is decomposed into (P,) and (P,), with respect to the type of boundary
condition being imposed.

Finite element discretization of a space-time slab Q, is achieved by dividing it into elements Q¢,
e=1,2,..., (ny),, where (n.), is the number of elements in the space—time slab Q,. Associated
with this discretization, for each space-time slab we define the following finite element interpola-
tion function spaces for the velocity and pressure:

(So)n={u"|u* e [H'*(Q,)]™, u"=g" on (P,),}, ®
(Vo= {w"|wte[H'"(Q,)]™, w*=0 on (P,)}, ©
Spn=(Vpn={q"14"€ H**(Q.)}. (10)

Here H'*(Q,) represents the finite-dimensional function space over the space-time slab Q,. This
space is formed by using, over the parent (element) domain, first-order polynomials in space and
time. It is also possible to use zeroth-order polynomials in time. In either case, globally, the
interpolation functions are continuous in space but discontinuous in time.

The space-time formulation of (1)«(7) can be written as follows: start with

(") = (uo); (11)
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ln the variational formulation given by (12) the following notation is being used:

"), =limu®(t, +8), (13)
A0

J. . -Fdﬂ.-—j j (. pdQde, (14
n LoJo L iR
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I. In equation (12) the series of integrals invelving the coefficients t and 8 are the least-squares 3 i

Remarks

terms added to the Galerkin variational formulation to assure the numerical stability of the B

computations. This kind of stabilization of the Galerkin formulation is referred to as the 45
Galerkin/least-squares (GLS) procedure and can be considered as a generalization of the il A
stabilization based on the streamline upwind/Petrov-Galerkin (SUPG) and pressure- B &
stabilizing/Petrov-Galerkin (PSPG) procedures employed for incompressible flows.?! Itis & le

with such stabilization procedures that it is possible to use elements which have equal-order -
interpolation [unctions for velocily and pressure and which are otherwise unstable. The P ¢.

coeflicient t is defined as
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where h is the element length. In this papet, for all problems involving cylinders, we use 6=0. i cr
For the problem involving an oscillating aerofoil the expression for 6 is the same as theone 1 rc)
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Here Re, is the element Reynolds number defined as

| || J’1
Rej=—
¥
This form of z is very similar to the one used by Tezduyar et al.?

2. Because the finite element interpolation functions are discontinuous in time, the fully
discrete equations can be solved one space-time slab at a time. Still, the memory needed for
the global matrices involved in this method is quite substantial. However, iteration methods
can be employed to substantially reduce the cost involved in solving the linear equation
systems arising from the space-time finite element discretization. It was shown by Liou and
Tezduyar® that the clustered element- by-element (CEBE) preconditioners together with the
generalized minimal residual (GMRES) method” can be effectively used to reduce the
associated cost significantly. All results reported here were computed by using such
techniques.

3. With the DSD/ST procedure, to facilitate the motion of solid boundaries, we need to move
the boundary nodes with the velocity of the fluid at those nodes. Except for this restriction
we have the freedom to move all the nodes any way we would like to. With this freedom we
can move the mesh in such a way that we only need to remesh when it becomes necessary to
do so to prevent unacceptable degrees of mesh distortion and potential entanglements. By
minimizing the frequency of remeshing, we minimize the projection errors expected to be
introduced by remeshing. Furthermore, by minimizing the frequency of remeshing, we
increase the parallelization potential of the computations and this is a desirable feature
especially for massively parallel computations. For the problems involving oscillating
cylinders we use the mesh-moving scheme described by Tezduyar et al.? In this paper we
introduce a more general mesh-moving scheme for flows involving moving objects. Prelimi-
nary results are presented for a pitching aerofoil using the same scheme.

4. NUMERICAL RESULTS AND DISCUSSION

All solutions presented here were obtained with interpolation functions that are spatially bilinear
and temporally linear. Nodal values of the vorticity and streamfunction were obtained by
least-squares interpolation.

4.1. Unsteady flows past a circular cylinder

In all cases involving a circular cylinder the computational values for the cylinder radius and
the freestream velocity are 10 and 0-125 respectively and the time step size is 1-0. The Reynolds
number is based on the freestream velocity and the cylinder diameter. The dimensions of the
computational domain, normalized by the cylinder radius, are 61-0 and 320 in the flow and
cross-flow directions respectively. The zero-displacement location for the cylinder is at (16, 16)
relative to the lower left corner of the domain. The mesh employed consists of 4060 elements and
4209 nodes. Symmetry conditions are imposed at the upper and lower computational boundaries
and the traction-free condition is imposed at the outflow boundary. The periodic solution for flow
past a fixed cylinder is obtained by introducing a short-term perturbation to the symmetric
solution. In all our computations, to solve the implicit equation systems resulting from the
space-time finite element discretization, we use the GMRES iteration method with the CEBE
preconditioners. At every time step approximately 25000 equations are solved simultaneously.
We chose a Krylov vector space of dimension 25 and an average cluster size of 23 elements. For




this set of problems, compared to the direct solution method, the CEBE technique takes less than
one-sixth of the CPU time and less than one-third of the memory, All the pictures that show the
Now field around the eylinder display the part of the domain enclosed by the rectangular region
with the lower left and upper right corners located at (13, 10) and (43, 22) respectively. Some of the
data from these computations were used to produce a set of video animations®? to have a better
understanding of these unsteady flows involving oscillating cylinders.

4.1.1. Forced horizontal oscillations of a cylinder at Reynolds nwmber 100, 1t is well known that
at Reynolds number 100 flow past a fixed eylinder leads to the classical unsymmetrical vortex
shedding. In such a case the lilt and torque coefficients oscillate with a [requency corresponding to
the related Strouhal number, while the drag oscillates with twice that frequency. The case in
which the cylinder is subjected to forced horizontal oscillations shows some interesting features,
Depending on the amplitude and frequency (/) of the forced oscillations of the cylinder, two
modes of vortex shedding are possible. This phenomenon, for vortex-induced oscillations, has
been discussed in the review papers by Sarpkaya'” and King.'! Oscillations with a low reduced
frequency ( Fy=2fia/U ,, where a is the radius of the cylinder and U, is the freestream velocity)
lead to unsymmetric modes of vortex shedding. For higher values of F;, on the other hand,
symmetnc vortex shedding is observed. However, such a symmetric arrangement of the vortices is
unstable and consequently the vortices coalesce and eventually become unsymmetrical down-
stream.

We simulate the flow with symmetrical shedding by forcing the cylinder to oscillate horizon-
tally with the prescribed displacement (normalized by the cylinder radius)

X =1 —cosfmt), 120)

where ey = 2nf;. For this case the value of f; corresponds to a reduced [requency of (-35, The initial
condition for this simulation is prescribed as the temporally periodic solution for low past a fixed
cylinder at Re= 100, Figure | shows the time histories of the drag, lift and torque coefficients and
the normalized horizontal displacement and velocity (normalized by the freestream velocity) of
the cylinder. We observe that the drag coelficient for the horizontally oscillating cylinder is
significantly larger than that for a fixed cylinder. Furthermore, the drag coellicient oscillates with
a reduced frequency of 0-35 whereas the lift and torque coeflicients approach zero. The fact that
we start from an unsymmetric solution and still obtain a symmetric mode of shedding demon-
strates that this mode is stable one, Figure 2 shows a sequence of frames for the vorticity field
during one period of the cylinder mation, The first, third and last frames correspond to the mean
cylinder location, while the second and fourth frames correspond to the left and right extreme
positions of the cylinder respectively, It can be observed that during each period of cylinder
motion two symmetrical pairs of vortices are shed from the cylinder's lower and upper surfaces,
One of these pairs is shed while the cylinder moves in the direction of the flow (i.e. while the
relative Reynolds number for the cylinder is < 100) whereas the other one is shed while the
cylinder motion opposes the freestream flow (ie. while the relative Reynolds number for the
cylinder 15 > 100). The former pair is much weaker than the latter and diffuses very quickly.

4.1.2. Vortex-induced vertical oscillations of a cylinder. Unsymmetrical vortex shedding causes
a fixed cylinder to experience an alternating lift force at a frequency corresponding to the
Strouhal number for that Reynolds number. If the cylinder is mounted on a flexible support, then
under certain conditions it can undergo sustained oscillations with a frequency close to or

coincident with its natural frequency. These oscillations can alter the vortex-shedding mechan-
1sm, which in turn can change the cylinder response, and so on, This leads to a complex non-lingar

fluid-structure interaction phenomenon and has been the subject of several investigations.™*?
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Figure 1. Flow past a horizontally oscillating cylinder at Re= 100: time histories of the drag, lift and torque coefficients
and the normalized velocity and displacement of the cylinder

We simulate this phenomenon for a cylinder which is allowed to move only in the vertical
direction. The motion of the cylinder is governed by

. . C
Y+2rF LY +(nF,)? Y=X,!5
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Figure 2 Flow past a horizontally oscillating eylinder at fe = 1K vorticity at various instants during one period of the ]
cylinder moiion
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Here ¥, Y and Y are the normalized vertical acceleration, velocity and displacement of the
cylinder respectively. The displacement and velocity of the cylinder are normalized by its radius
and the freestream velocity respectively. M is the non-dimensional mass/unit length of the
cylinder, { is the structural damping coefficient associated with the system and C; denotes the lift
coefficient for the cylinder. F,, the reduced natural frequency of the spring-mass system, is
defined as -

where f, is the actual natural frequency of the system. Equation (22) can be rewritten as
Af a2 1
0= % Re
For our problem, F,=66/Re, M =472-74 and {=3-3x 1074,

Reynolds number=324. At Reynolds number 324 the reduced natural frequency of the
spring-mass system and the Strouhal number for flow past a fixed cylinder have very close values.
Therefore we decided to first carry out this simulation for Reynolds number 324. The temporally
periodic solution for flow past a fixed cylinder at the same Reynolds number is used as the initial
condition. Time histories of the drag, lift and torque coefficients for the fixed cylinder at Re = 324
are shown in Figure 3. Figure 4 shows a sequence of frames for the vorticity during one period of
the lift coefficient for the fixed cylinder. Figure § shows. for the initial and later stages of the
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Figure 4. Flow past a fixed cvlinder at Be =324 vorticity al various mstants during one period of the lift coefficient
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Figure 5. Flow past a vertically oscillating cylinder at Re=324: initial and later time histories of the drag, lift and torque
coefficients and the normalized velocity and displacement of the cylinder

simulation, time histories of the drag, lift and torque coefficients and the normalized vertical
displacement and velocity of the cylinder. We observe that initially the cylinder oscillates with an
increasing amplitude. The drag and torque coefficients for the cylinder also increase, while the lift
coefficient has a decreasing amplitude. It is interesting to note that both the mean and peak values
of the drag coefficient increase with time but the trough value remains almost constant. Later, the




eylinder reaches i temporally periodic oscillation amplitude of approximately one radius. It
oscillates with its natural frequency and so does the torque coellicient; the drag coefficient
oscillates with twice the natural frequency of the cylinder. The dominant frequency for the lilt
coeflicient corresponds to the natural frequency of the cylinder. In addition, there 1s a very smiall
component of the lift coeflicient with thrice the frequency of the dominant one [see the power
spectrain Figure 6). Figure 7 shows a sequence of frames for the vorlicity field during one period
of the evlinder motion. The first, third and last frames correspond to the mean cylinder location,
while the second and fourth frames correspond to the lower and upper extreme positions of the
cylinder respectively, The finite element meshes corresponding to the lower extreme, mean and
upper extreme positions of the cylinder are shown in Figure 8.

Variation of cylinder response with Reviolds mumber. We also investigated the behaviour of
this non-linear oscillator at Reynolds numbers for which the Strouhal number for the flow past
a fixed eylinder (F ) is different from the red uced natural frequency of the spring-mass sysiem
{ F.). For later relerence we define F, to be the Strouhal number for the flow past an oscillating
cylinder. Figure ¥ shows the response of the cylinder at various Reynolds numbers, We observe
that for certain ranges of the Reynolds number the temporally periodic oscillation amplitude of
the cylinder reaches two different values depending on the initial condition. For those Reynolds
numbers an initial condition corresponding Lo a low oscillation amplitude of the eylinder leads o
a temporally periodic solution with i low amplitude of vibration. On the other hand, if the initial
condition corresponds to an oscillation amplitude that is higher than a certain threshold value,
which we will discuss later, a temporally periodic solution with a high amplitude of cylinder
vibration is reached. We will refer to these two different types of solutions as the low- and
high-amplitude solutions. These double-amplitude solutions of the oscillator can also be inter-
preted as a ‘hysteresis-type behaviour: the oscillator reaches different vibration amplitudes
depending on whether one approaches the Revnolds number of interest from a lower or a higher
side. The cause of this behaviour will be discussed later in the paper. For the set of Reynolds
number studied, there is also a range for which only one tevel of oscillation amplitude 15 obtained
regardless of the initial condition. We will refer to these solutions too as the high-amplitude
solutions. Figure 10 shows the variation with Reynolds number of the different non-dimensional
frequencies associated with the system. Also plotted in the same figure are the experimental values
of the Strouhal number, obtained by Roshko (extracted from Reference 13), for Now past a fixed
cylinder at different Reynolds numbers. This relation is piven as

1247
v =2 2 i q
fﬂl I-} I. (l Hl_i) ‘I }

It can be seen that for flow past a fixed cylinder the difference between the Strouhal number
from our computations and the one given by equation (24) is less than 3%. We also observe from
our computations that for all the Reynolds aumbers we studied, for high-amplitude solutions the
vortex-shedding frequency of the oscillating cylinder becomes equal to the natural frequency of
the system (i.e; F,=F,). This phenomenon has been observed by several other researchers in the
past and is known as Jock-in"?~'® For the range of Reynolds numbers for which we observe
multiple solutions, the low-amplitude solution results in a Strouhal number very close 10 the one
for a fixed cylinder. We will first describe the cases for which F, < F, (ie. Re>324).

Reynolds mamber > 324, Figure 11 shows for Reynolds number 330 the initial and later time
histories of the drag. lilt and torque cocllicients and the normalized vertical displacement and
velocity of the eylinder. We observe that the response of the eylinder is very similar to the one for
Reynolds number 324
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For Reynolds number 340 we obtain .two solutions depending on the initial oscillation
amplit}lde of the cylinder. The initial and later time histories of the drag, lift and torque
Coefficients and the normalized vertical displacement and velocity of the cylinder for the
l""’jamplitude solution are shown in Figure 12. We observe ‘beats’ in the response of the cylinder
"Uring the initial stages of the simulation. Finally, the cylinder reaches a temporally periodic




&
|.L

s

g

118

‘I

| F
P

#
R vi
4

Fi
!
32

Qo

: po.

Figure 7. Flow past a vertically oscillating cylinder at. Re - 124: vortieily af virious instants during one period of the | C?r
cylinder motion 3 hlg

el R e e




FLOWS PAST CYLINDERS AND AEROFOILS 1087

AR A N RN E A
T  EEEEE|
O G I
] - B
. r u
FEEY ; =n
BEazas: g T
= ::LQ% renans
= HrH Samw
=] = img
: smss T
B
A, 5
P LILIIETIELY LITTETE 1 1l LI L L | — ! II':I- ([ I
i rraa e | R
- .- - et i
LT .
L : ; r
SSESESCSSEm=S
Steeeeee SEEEESS
Ffizi=I=s=s=== SSESEEES===—c g un
e =mEESES =

e AT AT LA S PR H H e AT
Pt : = ]
TR T I -"_:Q . am
i T is
e P A
==t T E—— H ;.-i-”“. 'i'l‘———
==: == = Enat; -1
SES S======a s T —:F: T
£ I L ek mE
_ H : e ] B =E
T 1 1 =1 R FoF A8 BYi 3 IR
L1 1 11 T
EEEEEAE 1t T T T | T 111
1 | Tt 1 T 1 I ll 1" 1 }
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vibration amplitude of approximately 0-03 radii. Corresponding to this low-amplitude solution,
Figure 13 shows a sequence of frames for the vorticity during one period of the cylinder motion.
These flow patterns look very similar to those in Figure 4 for a fixed cylinder at Reynolds number
324. Figure 14 shows for the high-amplitude solution the time histories of the drag, lift and torque
coefficients and the normalized vertical displacement and velocity of the cylinder. The corres-
Ponding flow fields during one period of the cylinder motion are shown in Figure 15. When we
Compare Figures 13 and 15, we notice that the longitudinal spacing between the vortices for the
hlgh-amplitude solution is larger than that for the low-amplitude solution. The wake behaves this
Wway because for the high-amplitude solution the shedding frequency gets locked in to the natural
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igure 13, Flow past a vertically oscillating cylinder at Re= 340 (low-amplitude solution); vorticity a1 vanous instants
during one period of the cylinder motion
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re 15. Flow past a vertically oscillating cylinder at Re =340 (high-amplitude solutionk vorticity al various instants
during one period of the ylinder motion
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frequency, whereas the shedding [requency for the low-amplitude solution is very close to that for
a fixed cylinder. Therefore, compared to the fixed cylinder ‘or the case with low-amplitude
oscillations, in a given time interval fewer vortices are shed by the cylinder with high-amplitude
oscillations (F, < F,,). The same phenomenon was observed by Koopmann'? as a result of
conducting a set of laboratory experiments involving forced vertical oscillations of eylinders. The
time histories of the drag, lift and torque coeflicients and the normalized vertical displdcement
and velocity of the cylinder corresponding to the high-amplitude solution at Reynolds number
360 are shown in Figure 16, Figure 17 shows the correspending flow fields during one peried of
the eylinder motion, The longitudinal spacing between the vortices increases even more for this

case. This is expected because the difference between F,; and F is higher for this case than it was

for Reynolds number 340,

Revnolds number <324, Now we describe the cases for which F, > F,, (e, Re < 324). Figure
18 shows [or Reynolds number 310 the time histories of the drag, lift and torque coefficients and
the normalized vertical displicement and velocity of the eylinder, The Lt coefficient has an
additional temporal frequency that reduces the peak value of the component at the dominant
requency. From the power spectrum of the lift coellicient in Figure & we observe that the
dominant frequency corresponds to the natural frequency of the spring—mass system and that
there is an additienal component at 3F,,. Similar results are observed for Reynolds number 305,

The time histories of the drag, lift and torque cocflicients and the normalized vertical displace- |

ment and velocity of the cylinder for Reynolds number 305 are shown in Figure 19, The
corresponding flow fields during one period of the evlinder motion are shown in Figure 20, It can
be seen that the longitudinal spacing between the vortices in the wake of the cylinder for this case
is smaller than that for a hxed cylinder (e.g. for Reynolds number 324 in Figure 4) This
arrangement. of the vortices appears o be unstable and therelore the vortices coalesce down-
stream, The decrease in the longitudinal spacing between the vortices for this case can be
explained by recognizing that the shedding frequency locks in to the natural frequency. Therelore,
compared to a fixed eylinder, in a given time interval a larger number of vortices are shtd
(F,>F.) Koopmann'? observed the same phenomenon during his laboratory experiments
involving cylinders forced to oscillute vertically. Time histories of the drag, lilt and torque
coellicients and the normalized vertical displacement and velocity of the eylinder for Reynolds
number 300 are shown in Figure 21, The response of the cylinder for this case is particularly
interesting because this Revnolds number seems to be the borderline between those for which
multiple solutions are seen and those for which there is only one solution. Figure 22 shows the

detailed plots of the same quantities as in Figure 21 for three different periods of time: Duringthe

initial stages of the simulation beits can be observed in the response of the cvlinder. Later, the
cylinder reaches a temporally penodic escillation amplitude of approximately one cylinder
radius. The corresponding flow fields during one period of the cylinder motion are shown in

Figure 23. When we compare these pictures with those for Reynolds number 303 (Figure 20), we

observe that the lengitudinal spacing between the vortices decreases as the Reynolds number is

decreased. We also notice that the disturbance that causes the vortices to coalesce travels
upstream as the Reynolds number is decreased. Multiple solutions are observed for lower

Reynolds numbers, Figure 24 shows the time histories of the drag, lift and torque coeflicients and

the normalized vertical displacement and velocity of the eylinder for the high-amplitude solution

at Reynolds number 295, The flow patterns corresponding to this solution during one period o
the cylinder motion are shown in Figure 25, The flow fields corresponding to the low-amplitude

¥

solution (not shown here) look very similar to those for flow past a fixed eylinder, For Reynolds

number 290 the time histories of the drag, lift and torque coeflicients and the normalized vertica

=l g <
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Figure 20. Flow past a vertically escillating cylinder at Re= 305 vorticity at various instants during one period of the
evlinder motion Z
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Flgure 23, Flow past a vertically oscillating cylinder at Re = 300 vorticity at various instanis during one period of the _
cylinder motion E
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Figure 24. Flow past a vertically oscillating cylinder at Re
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Figure 25. Flow past a vertically oscillating cylinder at Re = 295 (high-amplitude solution): vorticity at various fstants
during one period of the eylinder motion




FLOWS PAST CYLINDERS AND AEROFOILS 1105

TR I R : il J-- Ul 1l
0 ""11'11 W o o

Bl MR L A A H'Il[r:m il |'||"| AN !|.fl|!l!|! it e
; | Al L TP Y 1 YL IV1 T | O 1 n
o L LA LT
S O e e AT AR
g L BRI L L L AL L A
0.0 1000.0 2000.0 3000.0 ;:’c;o 5000.0 6000.0 7000.0 8000.0
- ul LAl oy }II T Illii[ (il 1J Il gy i IH!: i |I'“!”=:!“|
PR R LA AT RN Iil “-‘ﬂ:.“-:‘“! T ‘rr
i [ I (| e il . i il
s [ i
IIHII IIHII LTTHIVREL T LAY _I
T AR MHWMHHJMM'H! AL
Il 'Wﬂ il Wﬂ‘ﬂﬂ'ﬁ'l' " I ﬂ'mﬂ'iﬂﬂ]
- LD | ﬂlliH I
mﬂ ADCOL0 o008 0.0 80000
! - |
. | 1 T
o J?M | q | ilitlll IIili Il !Ii% _ |
LT i “H[ II II
Himl: mm Mf ﬁmmfmrﬂ i i fﬂ
200000 0000 lm a:mu Foo0.0 BOO0.0
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displacement and velocity of the eylinder for the high-amplitude solution are shown in Figure 26,
Compared o the other cases of high-umplitude solutions, the maximum value of the it
coeflicient in this case reaches a very high value. Also, in Figure 26 we observe the presence of
more than one temporal frequency in the plots for the drag, lilt and torque coefficients. The flow
patterns during one period of the eylinder motion in this case are shown in Figure 27. We notice
that the disturbance that makes the vortices in the wake unstable and which travels upstream as
the Reynolds number decreases now reaches the eylinder. We suspeet that this Reynalds number
is very close to the end of the lock-in region and below this we may get only one solution—a
low-amplitude one. For the low-amplitude solution at Reynolds number 290 the time histories of
the drag, lift and torgue coellicients and the normalized vertical displacement and velocity of the
cylinder are shown in Figure 28,

Variation of lift, torque, drag and cylinder velocity with Revnolds number, Figures 29-31 show
the variation of the peak values of the lift, torque and drag coefficients with Reynolds number
respectively, From these ligures we notice that, compared to the fixed cylinder, the peak value of
the drag coefficient for the high-amplitude solution may increase by up to 100% and the lilt
coellicient may decrease down to less than 25%. We also observe that the minimum value of the
drag coeflicient is rather insensitive to the amphitude of the cylinder oscillations. The variation of
the amplitude of the eylinder velocity (normalized with the freestream velocity) with Reynolds
number 15 shown in Figure 32,

Disenssion of multiple solutions, The presence of multiple solutions in the context of vortex-
induced oscillations of a cylinder has been reported by other researchers in the past'® and is
referred to as a “hysteresis’-type behaviour, We are not aware of any work explaining the exact
cause of this phenomenon. In the past, rescarchers have suspected this phenomenon to be
a consequence of variable structural damping, a non-linear spring behaviour or a strong
non-lineurity in the Lift coellicient, In this paper we attempt to explain the cause of this double-
amplitude behaviour by carrying out a lincar oscillator analysis and viewing the resulting
eylinder response along with certain experimental data reported by Blevins,®

It s well known that the vortex-shedding frequency of an escilluting cylinder can change from
the stationary shedding frequency to the vibration [requency of the eylinder if the armplitude of the
vibration is farge enough. As was pointed out before, this effect is known as ‘lock-in'. Figure 33,
tuken from Reference 9, shows for different vibration frequencies the amplitude of the cylinder
vibration needed to cause lock-in. It can be seen that the amplitude of vibration needed to cause
lock-in increases with the increase in the ratio of the vibration frequency to the stationary
shedding frequency. Also, the shedding frequency of an oscillating cylinder can change by as
much as 40% [rom the shedding frequency for a stationary cylinder.

Let us assume the cylinder to be a linear oscillator, i.e. the motion of the cylinder does nol
change the flow field; conseguently the lift coellicient and the Strouhal number for a fixed and an
oscillating eylinder remain the same. Let us also assume that the lift coefficient does not change
with the Reynolds number (C, =09). Furthermore, let us assume that the shedding lrequency of
the eylinder follows equation (24). Figure 34 shows the temporally periodic vibration amplitude
ol the cylinder for various Reynolds numbers with the foregoing assumptions, Also plotied in the
same fligure is 4 linear approximation to the curve from Figure 33, the curve that relates the
threshold amplitude needed for lock-in to F/F,;. We notice that for Reynolds number 324 the
lincar model predicts a vibration amplitude much larger than what we get from our com-
putations. This is expected because the actual oscillator has a non-lincar behaviour and the lift
coctlicient decreases when the vibration amplitude increases. However, the low-amplitude solu-
tions we get from the non-linear model (i.e. our computations) compare very well with the

Figure 2
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'7. Flow past a vertically oscillating cylinder at Re=290 (high-amplitude solution): vorticity at various instants
during one period of the cylinder motion




2

U
S A

i

Figire 28, Flow past a vertically oseillating eylimder at Ke =290 (low-pmplitude solutionk imtial and later time histories
of the drage. Wl and torgue cogflicients and the normalized vefocity and displacement of the cylinder
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Figure 30, Flow past a vertically oscillating cylinder: peak value of the torque coefficient versus Reynolds number
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shedding frequency locks in to the natural frequency of the spring-mass system and eventually we
get a high-amplitude solution. At Reynolds number 360, on the other hand, the amplitude
predicted by the linear oscillator model is much smaller than that needed for lock-in. Therefore,
when the cylinder is released from rest, it fails to lock in and consequently reaches a low-
amplitude solution. However, if the cylinder is initially forced to oscillate with an amplitude
higher than that needed for lock-in (>0-155 cylinder radii), then the shedding frequency locks in
to the natural frequency of the spring-mass system. This therefore leads to a high-amplitude
solution. The same phenomenon occurs for the range of Reynolds number less than 324. It is
interesting to note that for the high-Reynolds-number side our computations yield only one
solution at Reynolds number 330 and two solutions for Reynolds number 340; the same
prediction can be made from Figure 35. For the low-Reynolds-number side Figure 35 predicts
a higher Reynolds number for the beginning of the muitiple-solution range than what we get from
our computations. This difference can perhaps be attributed to the assumptions we made to
linearize the oscillator model and the three-dimensional effects in the experimental data collected
by Koopmann (extracted from Reference 9).

4.2. Flow past a pitching aerofoil at Reynolds number 1000

We now present some of our preliminary results for flow past a pitching aerofoil (NACA 0012)
at Reynolds number 1000. The Reynolds number is based on the freestream velocity and the
chord length of the aerofoil. The dimensions of the computational domain, normalized by the
chord length of the aerofoil, are 30-0 and 200 in the flow and cross-flow dircctions respectively.
The finite element mesh consists of 6609 nodes and 6460 elements. At every time step, approxim-
ately 39000 equations are solved simultaneously. To solve this equation system, we use the
GMRES iteration method with the CEBE preconditioners. The average cluster size is 29 elements
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“igure 38. Flow past a pitching aerofoil at Re = 1000: streamfunction at various instants during one period of the aerofoil
motion



and the dimension of the Krylov vector space is 3, For this problem, compared to the direct
solution method, the CEBE techmigue takes less than one-seventh of the CPU time and
approximalely one-fourth of the memory, The [reestream velocity 18 140 and the time step size is
0:02, Symmetry conditions are imposed at the upper and lower computational boundaries; the
traction-free condition is imposed at the outllow boundary, which is located 20 chord lengths
downstredm: of the hall-=chord point of the acroloil. The initial condition is the temporally
periodic solotion for the Now post 2 lixed aerofoil at 100 angle of attack. Then the acrofoil is
forced to pitch about its half-chord point with the prescribed angular displacement

(1)

Tt X min » !’_'ilmu_: _'_”rl:llll

3 - cosiom ), {25)

where we=2f;. For the present case the value of fi corresponds to a reduced frequency
(Fe=fre/U ., where ¢ Is the chord length of the acroloil and L, is the freestream velocity) of 140,
i and 0, are W7 and 307 respectively.
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Figure 36 shows the time histories of the drag, lift and torque coefficients and the angular
velocity and displacement (in degrees) of the aerofoil. The drag, lift and torque coefficients
oscillate with a dominant non-dimensional frequency of 1-0. Furthermore, the drag coefficient has
an additional component at twice the aerofoil pitching frequency. It can also be seen that the peak
value of the lift coefficient is much larger than that for a fixed aerofoil. In the context of aeroplane
performance, this fact can be exploited by aircraft to attain high lift coefficients by rapid pitching
motion during severe manoeuvres. Figures 37 and 38 show a sequence of frames for the vorticity
and streamfunction during one period of the aerofoil motion. Qualitatively, these flow patterns
compare well with those reported by Tuncer et al.'® and Ohmi et al.?° for a similar (but not the
same) aerofoil motion. The finite element meshes corresponding to the two extreme positions of
the aerofoil are shown in Figure 39.

5. CONCLUDING REMARKS

The space-time finite element formulation with the Galerkin/least-squares stabilization was used
to solve certain unsteady flow problems involving oscillating cylinders and aerofoils. To minimize
the computational cost associated with these fairly large-scale problems, the GMRES iteration
technique and CEBE preconditioners were employed to solve the implicit equation systems
resulting from the space-time finite element discretization. Certain interesting physical phe-
nomena were observed as a result of these computations. Flow past a cylinder subjected to forced
horizontal oscillations leads to a symmetric mode of vortex shedding. The case of vortex-excited
vertical oscillations was also simulated. The coupling between the fluid flow and the cylinder
motion makes the oscillator non-hnear and leads to certain interesting phenomena such as
qeck-in" and ‘hysteresis’. The cause of the *hyvsteresis’ type of behaviour of this oscillator was
investigated using a hinear oscillator model and experimental data reported by other inves-
tigators. Preliminarcy results were presented for flow past a piiching aerofoil at Reynolds number

1000. in all the results presented here. smart mesh-moving techni

ues were emploved to avoud
remeshing: consequently. our computations are free [rom the projection errors associated with

frequent remeshing
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